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Abstract 

 
By the application of abstract algebra the famous unsolved classical problems 
trisection of an angle,squaring the circle , duplicating the cube and drawing a 
regular septagon were shown not possible to solve.. On the other hand,in this 
work, the application of classical algebra proposed a proposition for the origin 
of a new field of geometry. 
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Construction 
In the Euclidean construction as shown in figure 1,e, s, and w denote the sum of the 
interior angles of triangles ABD, ADE and AEC respectively.And let g refers to the 
sum of the interior angles of triangle ABC.Let us assume that the sum of the interior 
angles of an Euclidean triangle is not a constant. 

 
Let e+w = k+n (1) 
 
 e+g = k+o (2) 
and s+g = k+r (3) 
where k, n, o and r are positive and real. 
(1) – (3) gives e+w+r = n+s+g (4) 
Squaring (4),e2+w2 +r2+2ew+2er+2wr = n2+s2+g2+2ns+2ng+2sg (5) 
i.e.,   (e-g) (e+g)+(w-n)(w+n)+(r-s)(r+s)+2ew +2er+2wr = 2ns+2ng+2sg  (5a) 
From (1) we get w-n = k-e (1a) 
From (3) We have r – s = g-k (3a) 
Applying (2), (1a) and (3a) in the first, second and third factors respectively in 

(5a), 
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(e-g) (k+o)+(k-e) (w+n) + (g-k) (r+s)+2 ew + 2er + 2wr = 2ns+2ng+2sg 
k [ e-g + w+n-r-s] + o (e-g) – e (w+n) + g (r+s)+2ew+2r (e+w) = 2n (s+g)+2sg 
Replacing s+g by k+r and e+w by k+n [ See eqns (3) and (1) ] 
K [k+n – k-r + n-r ] +o (e-g) – e (w+n) +g (r+s) + 2ew + 2r (k+n) = 2n (k+r)+2sg 
Simplifying 2k (n-r)+o(e-g)+e(w-n)+gr+2rk = 2nk+sg 
i.e o(e-g)+e(w-n)+g(r-s) = 0 (6) 
From (1) w-n = k-e (1b) 
From (3) r-s = g-k (3b) 
Assuming (1b) and (3b) in (6) 
 o(e-g)+e(k-e)+g(g-k) = 0 
i.e. e(k+o)- e2+g2-g(k+o) = 0 (7) 
Eqn (7)is quadratic in g. 

∴ g = 
[ ]

2

o)4e(k4eo)(kok
1/222 +−++±+

 

Putting e+g for k+o [ See eqn (2)] 

g = 
[ ]

2

g)e4e(eg)(ege
1/22 −−++±+

 

i.e. g = 
2

g)(ege 2−±+
 

i.e. g = 
2

g)(ege −±+
 

We are totally and purely free from the fetters of the laws of quadratic eqns to 
assume positive value in (7) 

So, g = 
2

g-ege ++
 

i.e        g = e (8) 
From (9) we get that the angles sums of triangles ABD and ABC are 
a equal.. Consequently we get that the sum of the interior angles 
of triangle ADC is equal to two right angles. (9) 
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Figure 1 (Euclidean) 
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Discussion 
Needless to say, the consistent models of non – Euclidean geometries demonstrate 
that the parallel postulate cannot be deduced from the first four postulates.But in this 
work, we have derived e = g without assuming Euclid’s fifth postulate So, our result 
is consistent.The author has studied this problem for more than 25 years and 
published several consistent findings in international peer reviewed journals.[1- 7] 
So, this is an another result and data. As I have mentioned in my previous works, 
further probes will give rise to a new field of science. This shocking result is due to 
the application of classical algebra. 
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